
 

Published by World Academic Press, World Academic Union 

ISSN 1746-7659, England, UK 

Journal of Information and Computing Science 

Vol. 10, No. 1, 2015, pp. 003-006 

 

 
 

 

 

Bounded Extended Cesàro Operators From KQ Spaces into 

Weighted Bloch Spaces 

YaPing Cheng 
1
, TaiZhong Zhang 

2
 and Yaling Zhang 

2
  

1
 Jiangsu Engineering Center of Network Monitoring, Nanjing University of Information Science and Technology, 

Nanjing, 210044, China  

School of Computer and Software, Nanjing University of Information Science and Technology, Nanjing,  210044, 

China  
2
 School of Mathematics and Statistics, Nanjing University of Information Science and Technology, Nanjing, 210044, 

China 

 (Received August 03, 2014, accepted October 11, 2014) 

Abstract. Sufficient and necessary conditions for extended Ces à ro operators from KQ  spaces into 

weighted Bloch spaces B  and logarithmic Bloch spaces logB  in the unit disc to be bounded are obtained.   
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1. Introduction  

    Let D  be the open unit disc of the complex plane C ,  DH  be the space of all analytic functions in D . 

A positive continuous decreasing function on the interval  1,0 is called a normal function if there are 

constants a , b ,  such that 10  ,  ba0 , and 
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. For Dz , we can extend its definition,    zz   . 

The weighted Bloch spaces  
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0 , we get  -Bloch spaces B ; when       22
1/2log1 zzz  , we get logarithmic Bloch 

space logB . 

Let  DAut  be the holomorphic automorphism group on D  under composite transformations of D . 

For a  D ,      zaazza  1/   DAut , green function  azg ,  on D  with pole a  D  is given by 
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dA  is the normalized Lebesgue area measure, the Banach spaces KQ  spaces 

consist of those  DHf   such that  
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where     ,0,0:K  is right continuous nondecreasing function,      tKstKs
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 s0 , hence K  also is right continuous nondecreasing function. Suppose that K  always satisfies 

the following conditions: (for more dedails, please see [1] [2]) 

                          
1

0 s

ds
sK ,         




1 2s

ds
sK .                                                               (1) 

For a holomorphic function  DHf   with Taylor expansion   n
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By computation, we see that 
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On most holomorphic function spaces,  fC  is bounded if and only if the integral operator 
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 is bounded. From this point of view, it’s natural to consider the extended Ces

àro operator gT  with holomorphic symbol  DHg :  
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       Sufficient and necessary conditions for the Cesàro operator on KQ space in the unit disc to be 

bounded were given in [3], boundedness of the Cesàro operator on  -Bloch spaces B  was studied in 

[4][5], Sufficient and necessary conditions for the extended Cesàro operator gT from KQ space into  -

Bloch spaces B  to be bounded were obtained in [6]. However, in this paper, we generalize the results in [6], 

characterise boundedness of the extended Cesàro operator gT from KQ space into the weighted Bloch spaces 

B  in the unit disc, and discuss some relationships between bounded extended Cesàro operators.  

 

2. Bounded extended Cesàro operators  

Lemma 1
]2[
 If K satisfies the condition (1), then we have   KQz 1log . 


